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{[v(8)2 ,v(8)6 ],[v(8)2 ,v(8)8 ],[v(8)4 ,v(8)6 ],[v(8)4 ,v(8)8 ]}.Also,letC(2)8 bethesetofgraphsobtainedfrom


























































































































































































































































































































































































































byn:=diamV(G)andconsiderv1,...,vn+1 ∈V(G)withvi∼ vi+1 fori=1,...,n































































































Assumethatm iseven,thendiamV(G)≤ m/4−1/2. Fixanygeodesictriangle
T={x,y,z}inG⊠Cm andp∈[xy].ByRemark2.3.1,wecanassumethatTisacycle,
x,y,z∈J(G⊠Cm)andpsatisﬁesdG(p,V(G))∈{0,1/4,1/2}.IfdG⊠Cm(p,{x,y})≤m/4,thendG⊠Cm(p,[yz]∪[zx])≤ m/4. AssumethatdG⊠Cm(p,{x,y})> m/4;sincex,y∈J(G⊠Cm)anddG(p,V(G))∈{0,1/4,1/2},wehavedG⊠Cm(p,{x,y})≥m/4+1/4. WehaveL([xy])>m/2.LetVx(respectively,Vy)betheclosestvertextox(respectively,y)in
[xy];thendG⊠Cm(p,{Vx,Vy})≥m/4−1/4.LetV′x(respectively,V′y)betheclosestvertextox(respectively,y)in[xz](respectively,[yz]).Sincemisevenandx,y∈J(G⊠Cm)
wehavedG⊠Cm(Vx,Vy)≥m/2andweconcludedG⊠Cm(Vx,Vy)=m/2. ByLemma5.1.8wehavedG⊠Cm(Vx,Vy) =dCm(PCm(Vx),PCm(Vy)) =m/2;byLemma2.3.4weconcludeL(PCm([xy])
)=m/2.Sincem/2=⌊m/2⌋>diamV(G),wehavePCm(Vx)=PCm(x)=
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1, ifdiamG1=1 and 1≤diamG2≤2,
5/4, ifdiamG1=1 and diamG2>2 and G2/∈F,
5/4, ifdiamG1=2 and diamG2≥1 and G2/∈F,
3/2, if1≤diamG1≤2 and G2∈F,


















0, ifG1≃E1 or G2≃E1,
1, ifdiamG1=1 and 1≤diamG2≤2,
5/4, ifdiamG1=1 and diamG2≥3,
5/4, ifdiamG1=2 and diamG2≥1,





0, ifn=1 or m=1,
1, ifn=2 and m=2,3,
5/4, ifn=2 and m≥4 or n=3 and m≥2,







































1, if[u1,u2]∈E(G1) or [v1,v2]∈E(G2),





{3/2, if[u1,A1]∈E(G1) or [v1,B1]∈E(G2),








































































































































































































0, ifG1≃E1 or G2≃E1,
1, if1≤diamG1≤2 and 1≤diamG2≤2,
5/4, if1≤diamG1≤2 and diamG2≥3,




















0, ifn=1 or m=1,
1, ifn=2,3 and m=2,3,
5/4, ifn=2,3 and m≥4,














1, ifn=3,4 and m=3,4,
5/4, ifn=3,4 and m=5 or m≥10,
3/2, ifn=3,4 and m=6,7,8,9,
3/2, ifn≥5 and m≥5.
Proof.Ifn=3,4andm=3,4,thenTheorem4.2.6givesδ(Cn⊕Cm)=1.
Ifn=3,4andm=5orm≥10,thenTheorems4.2.2and4.2.6giveδ(Cn⊕Cm)∈
{5/4,3/2}. Seekingforacontradictionassumethatδ(Cn⊕Cm) =3/2. ByTheorem
1.3.13thereexistageodesictriangleT={x,y,z}inCn⊕Cm thatisacyclewithx,y,z∈
J(Cn⊕Cm)andp∈[xy]withdCn⊕Cm(p,[xz]∪[zy])=δ(T)=3/2.SincedCn⊕Cm(p,{x,y})≥dCn⊕Cm(p,[xz]∪[zy])=3/2wehavethatL([xy])=3andbyCorolary4.1.9wehavethatx,yaremidpointsinCn⊕Cm andp∈[xy]∩V(Cn⊕Cm). Wehavex∈[A1,A2],y∈
[A3,A4]withA2,A3∈[xy]. SincedCn⊕Cm(x,y) =3anddCn⊕Cm(p,[xz]∪[zy]) =3/2wehavedCn⊕Cm({A1,A2},{A3,A4}) =2anddCn⊕Cm(p,V([xz]∪[zy])) =2. Letv∈V(Cn)bethevertexwithp∈V({v}⊕Cm). Ifn=4,thenProposition4.1.5gives















































































































































Letm :=n+12 andconsiderthevertex(wm,vm+1)inγ3. Foreveryvertex(wi,vj)inγ1,j∈{1,2},wehavedG1×G2((wm,vm+1),(wi,vj))≥dG2(vm+1,vj)≥m+1−2=n−12byCorolary5.1.4. Wehaveforeveryvertex(wi,vj)inγ2,i∈{1,2},byCorolary5.1.4,
dG1×G2((wm,vm+1),(wi,vj))≥dG1(wm,wi)≥m−2=n−32.Hence,dG1×G2
((wm,vm+1),γ1∪















































































































































































































































































































































































































































































































































































Proof.Ifm ≥ 2,thenPm ×P2hastwoconnectedcomponentsisomorphictoPm,and
δ(Pm×P2)=0.
Assumethatn≥3.Bysymmetry,itsuﬃcestoprovetheinequalitiesforδ((Pm×Pn)1).
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